Cubic Anisotropy and Anisotropic Salt

Cubic anisotropy and anisotropic salt

Zandong Sun and R. James Brown

ABSTRACT

This paper considers the question whether a salt layer is anisotropic or not and
what its anisotropic features are. The geophysical classification of salt is carried out
based on a combination of velocity measurement and salt-characteristic investigation
through thin sections on different salt samples and previous work. A physical
modelling was performed to characterize anisotropic salt. It has been found that there
are three types of anisotropic salt. The anisotropic features of chevron-crystal salt
(widely present in the Whitkow Member of the Prairie Evaporite Formation in the
Western Canada Basin) match cubic symmetry quite well. Exact expressions for phase
velocities in an arbitrary direction have been derived for cubic symmetry. Group
velocity formulae are also developed in symmetry planes.

INTRODUCTION

There exists some controversy over the question whether salt layers in the
subsurface may be anisotropic media or not. Results from the experiments of Sun et al.
(1991) have shown that some types of salt exhibit shear-wave splitting.

Geologically, salt textures have been well documented. Strotzki and Welch
(1983) studied the relation between salt texture and temperature and concluded that the
preferred orientation developed in extruded salt is a function of extrusion temperature.
Also the connection with the diapirism of salt domes were discussed. Larsen (1983) did
textural analysis and crystallographic orientation study for a salt dome in Denmark.
Spencer and Lowenstein (1990) systematically analyzed diagenesis and geological
procedure of different types of salt and textural feature. Those types of salt which have
preferred crystal orientation do widely exist.

In order to understand what types of salt are anisotropic, the features of salt
anisotropy and how the anisotropy can be observed, we carried out a geological
investigation including salt texture microscope study correlated with laboratory velocity
measurement. Theoretical derivation of phase and group velocity for cubic symmetry
has been completed. Group velocity against ray angle are observed and fit well with
theoretical calculation for salt sample with chevron crystals from Whitkow Member of
Prairie Evaporite Formation in Western Canada Basin. VSP numerical modelling is also
carried out in the purpose of observing shear wave splitting.

SALT CLASSIFICATION AND VELOCITY PROPERTIES

Geophysically, the criterion for classifying salts is to observe how the different
types of salt cause seismic waves to behave differently while the waves propagate
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through the salt units. Geologically, these properties of salt depend on the origins of
evaporites and the influence of diagenesis or burial metamorphism.

Basically, salt can be classified into two group: pure and impure. Impure salt
are those in which salt crystals mixed uniformly with clastic deposits which is shown
isotropic in the laboratory measurement. Salt layers interbedded with other thin layers
are considered as pure salt. Pure salt are classified as following types.

The first type of salt is (I) crystal-oriented salt . It can be produced in two
different geological processes as described in the following.

1A: Chevron salt: syndepositional open-space growth on the bottom of a brine
body. This type of salt is commonly preserved in modern (Casas et al., 1992) and
ancient evaporites (Whitkow Member of Prairie Evaporite Formation in Western
Canada Basin, Meijer Drees, 1986).

IB: Recrystallized salt: one of the case is that An initial floodwater causes
extensive tubular networks of vertical and horizontal dissolution cavities. Subsequent
evaporative concentration of the flood water results in halite-saturated brines and
renewed crystal growth,

This type of salt (I} is layered and has syntaxially grown crystalline framework
salt consisting of vertically oriented and vertically elongated crystals. Stratigraphically,
a salt layer usually consists of many salt units and interbedded with thin shale (mud),
anhydrite or carbonate.

The second type is (II) detrital-framework salt. The framework of grains with
point contacts establishes a primary detrital texture in evaporites as clastic rocks. And
the salt layer exhibits isotropic features (Lowenstein and Hardie, 1985; Weiler et al.,
1974).

The third type of salt is (III) burial metamorphic salt. This type of salt can be
anisotropic or isotropic. It can be the salt with strongly preferred crystal orientation
(Strotzki and Welch, 1983; Larsen, 1983). It also can be strongly altered by the
temperatures and pressures due to burial which is also called anhedral mosaic salt. It
should be noted that a texture in salt domes will lead to an anisotropic behavior when
strained thermomechanically. The basic feature of anhedral mosaic salt is polygonal
mosaic texture which notably lacks vertical orientation, primary growth features have
been destroyed and have disappeared. Instead, the anhedral mosaic consists of clear
grains that meet at triple junctions that approach 120° angles

PHASE AND GROUP VELOCITIES OF CUBIC SYMMETRY

It can be extremely complicated to get the exact expressions for velocities with
directional dependence which is one of fundamental properties of seismic anisotropy in
an arbitrary off-symmetry plane. However, for the case of cubic symmetry we have
derived the exact expressions for phase velocities in any direction. Group velocity
formulae are also developed for propagation in symmetry planes.

In order to provide intuition into the phase velocity expressions, we introduce
three anisotropy parameters €, @, and @ for cubic symmetry.
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where @ = nin + n3n$ + nfn?, and B = ninin?.

Recall that unit vectors 71, 12, 13 are functions of phase angle (6). We have the
exact expressions for the phase velocities as functions of phase angle in any arbitrary
direction (see Appendix).

The P-wave and two shear waves phase velocity can be expressed by:

vi = L_%”gsg)osg +Cu*2Cu @

3p

v =2 cos(? + 4 (1 2Cue )

%l 2V 3&' +M)+C11+ZC44.
3

—cos(
3p 3p

The shear-wave singularities in salt are on the major symmetry axes. At these
points the phase velocities are written as follows:

(6)

V|2= b(‘4 ) C11 +2C44

> e 7
va =vé = V;? C“;’fc““ (8)

where 7; is the unit vector normal to the wavefront, A = pv2, p is the density, v
is the phase velocity. In a symmeltry plane the group velocity can be easily determined
from phase velocity using well known relationships (Postma, 1955; Backus 1965).

V@) = vX(0) + (ﬂf 9)
de
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v tan@+ (:—;1)
g

v-(% tan@

It is indicated in (9) and (10) that along a symmetry axis of a symmetry plane,

tang = (10)

group velocity is equal to phase velocity and phase angle (6) or slowness direction is

the same as the group angle (9) or angle of incidence of the ray. This is because the
derivative of phase velocity with respect to phase angle in that direction is zero, namely:

dv_o
=== 11
10 (11)

It is obvious that, on the symmetry axes, the derivative of velocity with respect
to phase angle in that direction is zero. It is also indicated in (9) and (10) that group
angle (®) is a function of phase angle (9) (More detailed and intuitive discussion is
given by Brown et al. (1991),

In one of the symmetry planes unit vectors 71, 12, 13 are featured as:

ny = cosf, ny =sinb, n3 = 0. (12)

From (12) we have & = cos26sin?8and = 0. The following formulae are
derived (Appendix) for group velocities (Ve, Vsu, Vev) in a typical plane of cubic
symmetry.

VR =12- cos2(@/3)sin?(46)

(C11 + C12)%C11 - C12 - 2C44)? (13)
48p%v2e

_cos¥(g+ 2m)/3)sin%(46)

(C11 + C12)HC11 — C12—2Cy)2.  (14)
48p2vde

V= v

_cos((@ + 4m)/3)sin2(46)

(C11 + C12)%(C11 - C12 - 2C40)2 (15)
48ptvde

S%! =V§?‘|

Again, at those points where shear-wave has singularities group velocities are

expressed by the following formulae:

2130142
VEi=vZ+ (@)™ sin (49)((311 + C12)2C11 + C44)X(C1q — Cpz — 2C44)2 (16)
81p2v(4w)
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2f3.5n2
Vd=Vi=va + (4@)™sin (493{6'11 + C12)4(Cy1 + Ca)XCyy - Cr2 - 2C44)2.
324pWvd(4w)

(17)

MODELING STUDIES

The physical modelling was carried out by recording shear waves propagating
through a ball made of a salt sample which consists of equigranular (around 1-2 mm)
crystals, white to colorless halite, and vertically oriented cloudy and milky pathes.
Crystallographic orientation is not observable (salt type IA). The frequency scaling was
10,000:1, and distance and time scaling 1:10,000. The data were recorded every 15°
per trace (from 0° to 180°) with 13 traces per record. The schematic diagram of the
modelling geometry is shown in Figure 1. The perimeter of circle 1 is 11.7 cm which
indicates the diameter of the ball is 3.724 cm. In order to observe the anisotropic feature
in this salt medium, shear-wave transducers are oriented in three different ways:

Figure 1. Physical modelling geometry

» Radial-Radial (R-R) polarization. Two transducers (source and receiver) are
parallel to each other and oriented in radial (inline) direction (Figure 1).

» Transverse-Transverse (T-T) polarization. Two transducers are parallel to
each other and oriented in transverse (crossline) direction (Figure 1).

» Radial-Transverse or Transverse—Radial (R-T or T-R) polarization. The
polarization of source and receiver transducers are perpendicular to each other.
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The theoretical curves of group velocities against ray angle are plotted in Figure
2 (calculated by applying equations 13-17)). It represents first arrivals of P-wave and
shear waves (SH and SV) against ray angle at 1 second.
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Figure 2. group velocity against ray angle
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Figure 3. Zero-offset shear ransmission record over chevron salt ball along
circle 1.
a) R-R polarization
b) T-T polarization
c¢) T-R polarization
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The shear waves transmission records along circle 1 are plotted in Figure 3.
Figure 3a is the plot with transducers R-R polarization. In the plot the pattern of first
arrivals is very similar with SV in Figure 2. Figure 3b shows that shear wave plot of
T-T polarization. There is not much time—shift of first arrivals. And it is similar with
SH curve in Figure 2. Little first arrival time—shift in some traces can be caused by two
transducers being unparalleled also circle 1 is randomly selected and may not be exactly
on a symmetry plane. Similar results were obtained along circle 2 and 3. Shear waves
pattern showing in Figure 3a and b indicates that this type of salt probably exhibits
cubic anisotropy.

Amplitudes are very low in the shear—wave record with R—T (or T-R)
polarization because of the low energy projection.

CONCLUSION

This study has shown that there are at least three types of anisotropic salt. A salt
layer may exhibit anisotropy, weak anisotropy, isotropy. Shear-wave feature of
chevron crystal salt matches cubic anisotropy well. Phase and group velocity equations
derived in this paper can be applied to this type of salt and any medium with cubic
symmetry. A anisotropic behavior led by a texture in salt domes when strained
thermomechanically may be close to cubic symmetry.
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APPENDIX

Phase velocity and group velocity in anisotropic medium of cubic
symmetry

In the case of cubic symmetry, only three independent stiffness have
nonzero values (Musgrave, 1970)

Cu Cn2 Ciz3 Cuu Cis Cis| |Cpy Cu—g 0o 0 0
Caiy Ca2 Caz3 Cpu Cps Cas g n 0 0 0
C31 Cs2 Ciz C3q Css C36 _ :é,\c 0 0 o

0

Ca1 Caz Caz Cag Cas Cas 0 0 C 0 (A-2)
Csy Csz Csz3 Csq Css Csg 0 0 0 84\C55 0
Cer Cea Cez Coa Ces Cs 0 0 0 0 0 Cg

From well known Kelvin-Christoffel equation, we have Kelvin-
Christoffel stiffness

3 3
= 2 2 ni vy Ciju, Sk =1,2,3
i=1i=1

where n; is the unit vector normal to the wavefront, and Cijki is the tensor of
elastic stiffnesses,

In a medium of cubic symmetry, Kelvin-Christoffel stiffnesses are
Ni=nCi1+(nd+n})Cayq

Ma=nf Cii+ (n}+nf)Cay

I33=nf Cy1 + (nf + nd) Caq

Na=Tn=M=mna(Cas + Ci2)

N3=TI31=N=mn3(Css + C12)

I3 =T =L =nn3(Cas + C12)

suppose A = p v2 (P is the density, v is the phase velocity), Kelvin-
Christoffel equation becomes
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Fll-l M N P1
M Fzz-/’{. L P2 = 0 (A-3)
N L I3-4 P3

where P;, Py, P5 are particle motion or polarization vector. In order to decide
the phase velocity we require

Ii-A M N
M -4 L |=0 (A-4)
N L I'33-

So we have equation

(N1 - DTz - A(T33 - A) - L - MIM(I33 - A) - LN] + NIML - N(I'p - A)] =

It becomes a cubic equation

- (1 + Do+ T)A” + (TuTap + TaT3s + Taly - L2 - N2 - MDA
- (Milel33 + 2LMN) + (L2117 + N2y + M 33) =0
Ni+Ip+ Gz =%+ n3+ nf)Cqy + 2(n? + né + n§)Cay
=Cq +2Cy4
where nf+nd+n3=1
Ny + Iplsa + sl - (L2 + N2+ M2
= 2(n{n% + ning + ngni ¢, + (nnd + ninf + nfn)C%,
+ 2(nf + né + n§)C11C44 + 2(n12n% + n%n% + n32n12)C11C44
+(nf+nf+ n3)C44 2(ninZ + ngng + ngn)C12Ca4
- (nfn3 + n3n + ninf)C %2
4

4., .4
suppose = n#n} + n3nd + n3n?, B=ningn then ni+ni+ni=1-2q

And we have

NiDop + Doalas + Dl - (L2 + N2+ M)
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= (1 + 0)Cl + aC3y + 2(1-0) C11Ca4 - A(Cas + C12)?
= rintn
Tl = BC3L + (0 - 3B)CHCus + (14 38 - 20)C11Chy + (@ - HC34
2LMN =2[(Caq + C12)°
L2 + N2 + M2I33 = (Cag + C12)*[3B Ciy + (- 3B)Cad)
(LI + N2y + M2T33) - (T Dya 33 + 2LMN)
= (Ca4 + C12)2[3BC11 + (0 - 3B)Ca4] - 2B(Ca4 + C12)
- BC3, - (@ - 3B)CHCas - (1 + 3B - 200C11CYy - (- BCas
We introduce three anisotropy parameters g, ¢, and ¢ for cubic symmetry

g=(C11 - Caa)¥x - %—) - 0(Ca4 + C12)?

@ = Bl(Cyz + Caa)*(3C11 - 2C12 - 5C44) - (C11 - Cas)®]

+J3-05(C11 - Caa)(C11 + C12)(C11- C12- 2C4a) - 52:]-(6‘11 - Cas)?

Now, following general formulations give phase velocity of an arbitrary off-
symmetry and symmetry planes in 3-D space.

P-wave phase velocity
when § < ()

v§ = 238 @ Cu+ 2Ca
3p 3 3p
(A-5)

SV-wave phase velocity

CREWES Research Report Volume 4 (1992) 20-11



Sun and Brown

2(3e) @ . 27, Cu1+2C
2 = Y. 2 11 44
VEy ——-——c3p os(3+ 3)+ 3
(A-6)

SH-wave phase velocity

1= 2008 0@, 4y, Cu + 2

3p 3p
(A-7)

when & = 0 two shear waves have same phase velocity, these points are
called shear wave singularities. The formulations can be written as

vg= {(-4) + €11 +2C4

p 3p
(A-8)
vzvzv&:m +C1+2Cu,
5 2p 3p
(A-9)
Group Velocity

In the symmetry plane group velocity can be determined from phase
velocity by using relation

V(¢) = v2(6) + (fiu)2
do (A-10)

Because of the symmetric feature of unit vectors ny, ng, n3, we suppose one of
the symmetry plane (others are the similar)

ny = cos®, my=sinB, n3=0,then & =cos26sin20, f=0 (A-11)

2@/3)sin2(486

vp= - LD 0y 4 CCur - Cra- 20 (A1)
48p<vie
2 r 2

V2, = 13, - 5@ 2DBSInTEO), L Ly HC - Cra - 2CaX(A13)

48p2v2.e

cos2((@ + 4m)/3)sin2(46)
48pZvde

% =vd; - (C11 + C1)HC11 - C12- 2Can)*  (A-14)
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On those points where two shear waves have same phase velocity

(singularities), two shear waves group velocity also are the same.

283¢;
V2 = vp + (B002sin

240
S0 (€11 + CL)HCn + Cad(Crr - Cra- 2Cua (A
81p“v3(4w)

ein?
L By sin (49)((-:11 + C12)XC11 + C4)2(C1y - Cyg - 2C44)?
324p2vd(dw)?
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